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where \ and X2 are the roots of
or we may be able to obtain both sets of integrals.
Then ^1=/1('y1) and w2=/2 (vs), where fi and /2 are arbitrary,
are intermediary integrals in the respective cases. We proceed
from these exactly as in Rule I.
240.	It may, however, prove not to be possible to obtain, from
the two intermediary integrals, values of p and q suitable for
insertion in
dz = pdx + qdy ;
and in that case we may proceed to obtain the final integral by
integrating one of the intermediary integrals, adopting for this
purpose Charpit's method as indicated in § 201. But without
actually going through the work necessary in that method to derive
the additional relation between p, q and the variables, it will be
sufficient to take, as this additional relation, any particular first
integral of the general system other than that which is being
directly integrated ; thus we may take
wi=/(vi) and ^2 = a>
where a is an arbitrary constant. Since an arbitrary constant is a
particular case of an arbitrary function the values of p and q
derived from these equations will be such as to render
dz^ pdsc -f qdy
iategrable ; and the integral will involve one arbitrary function f
and two arbitrary constants, viz., a and the constant of integration,
This result constitutes the complete integral of the intermediary
integral ; the general integral may be derived by Lagrange's rale
(§ 180), by converting one of the arbitrary constants into an
arbitrary function of the other and eliminating this remaining-
constant between the equation so transformed and that deduced
from it by differentiation with respect to that constant.
241.	This method, however, ceases to be effective in the case
in. which the roots of the quadratic in X are equal ; there is then
only one system of integrals given by u^ = a and vt = 6, and so there
is only one intermediary integral given by

